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f ∈ S (R)

• t

+∞∑
n=−∞

f(n+ t) =
+∞∑

k=−∞
f̂(k) exp (2ikπ t)

• Supp(f̂) ⊂ [−F, F ] F ∈ R∗+ 2F ≤ 1

∀t ∈ R, f(t) =

+∞∑
n=−∞

f(n)
sin ((n− t)π)

(n− t)π
.

• K ⊂ R N ∈ N∗ K ⊂ [−N,N ] f ∈ S (R)
i = 1, 2 Mi ∈ R∗+

∀t ∈ R, |f (i)(t)| ≤ Mi

1 + t2
.
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t ∈ K n ∈ Z |n| ≥ N + 1

|f (i)(t+ n)| ≤ Mi

1 + (t+ n)2
≤ Mi

(|n| −N)2
.

i = 1, 2
+∞∑

n=−∞
f (i)(n+ ·) K

g :=
+∞∑

n=−∞
f(n+ ·) ∈ C1(R)

• g N ∈ N∗ t ∈ R

g(t) ←−−−−−
N→+∞

N∑
n=−N

f(n+ t+ 1) =

N+1∑
n=−N+1

f(n+ t) −−−−−→
N→+∞

g(t+ 1).

• k ∈ Z

ck(g) =

∫ 1
2

− 1
2

(
+∞∑

n=−∞
f(n+ t)

)
e−2iπktdt

+[ , ]
=

+∞∑
n=−∞

∫ 1
2

− 1
2

f(n+ t)e−2iπktdt

x=t+n
=

+∞∑
n=−∞

∫ n+ 1
2

n− 1
2

f(x)e−2iπk(x−n)dx

=

∫ +∞

−∞
f(x)e−2iπkxdx, f ∈ 1,

= f̂(k).

g ∈ C1
pm(R)∩ C(R)

∀t ∈ R,
+∞∑

n=−∞
f(n+ t) = g(t) =

+∞∑
k=−∞

f̂(k) exp (2ikπ t ) .

• F S (R) f̂ ∈ S (R)
f̂ F S (R)

∀ξ ∈ R,
+∞∑

k=−∞
f̂(k + ξ) =

+∞∑
n=−∞

f(−n) exp(2inπξ).
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1
2−1

2

|f̂ |

2F ≤ 1 k ∈ Z∗ f̂(k + ·) = 0
[−1

2 ,
1
2

]
f̂ = [− 1

2
, 1
2 ]

+∞∑
k=−∞

f̂(k + ·) = [− 1
2
, 1
2 ]

+∞∑
n=−∞

f(−n)e2inπ ·.

t ∈ R F S (R)

f(t) =

∫ +∞

−∞

(
[− 1

2
, 1
2 ]
(ξ)

+∞∑
n=−∞

f(−n)e2inπξ

)
e2iπξtdξ

=

∫ 1
2

− 1
2

+∞∑
n=−∞

f(−n)e2i(n+t)πξdξ

=

∫ 1
2

− 1
2

+∞∑
m=−∞

f(m)e2i(t−m)πξdξ.

‖f(m) exp(2i(t−m)π ·)‖∞ = |f(m)|∑
m∈Z

f(m) exp(2i(t−m)π ·) [−1
2 ,

1
2

]
∑

/
∫

f(t) =
+∞∑

m=−∞
f(m)

∫ 1
2

− 1
2

e2i(t−m)πξdξ =
+∞∑

m=−∞
f(m)

sin((m− t)π)

(m− t)π
.
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